ABSTRACT. Let ¡(z) = z + azz2 + • • • be regular and univalently convex of order 1/2 in the unit disc U and let s"(z, ¡) denote its nth partial sum. In the present note we determine the radius of convexity of sn (z, /), depending on n, and generalize and sharpen a result of Ruscheweyh concerning the partial sums of convex functions. We also prove that for every n > 1, Re(sn(-z, ¡)/z) > 1/2 in U.
denote the nth partial sum of f(z). Kobori [2] proved that if / E K, then for each n > 1, sn(z,f) is starlike and univalent in \z\ < 1/2. Using the theory of convolution, Ruscheweyh [5] in 1972 obtained the following result. THEOREM A. Let rn denote the positive root of <pn(r) = 1 -(n + l)rn -nrn+1 (n€N), and let f E K. Then sn(z,f) is univalent for \z\ < rn and maps this disc onto a close-to-convex domain. For n even, rn cannot be replaced by any larger number.
Robertson [3] in 1981 proved that if / E K(l/2), then each sn(z,f) is close-toconvex with respect to / and hence univalent in U.
Using the fact that the class K is closed with respect to Hadamard convolution, we can readily compute the radius of convexity of sn(z, f), f E K, depending on n. In the present paper we determine the radius of convexity of sn(x, /), / E K(l/2), in terms of n. As a corollary to our result, we shall show that one can weaken the hypothesis of Ruscheweyh's theorem and still make a stronger assertion. We shall also prove that if / E K(l/2), then Re(sn(z,f)/z) > 1/2 (z E U) for each n E N.
2. We shall need the following defintions and results. Let / and g be analytic in |z| < R and /(0) = g(0). In addition, suppose that g is univalent in [z[ < R. Then we say that / is subordinate to g in |z\ < R, in symbols, / «< g(|*| < R), if f(\z\ < R) C g(\z\ < R). Lemma 1 is due to Ruscheweyh and Sheil-Small [6] and Lemma 2 is due to Rogosinski and Szegö [4] . 3 . We now prove the following: THEOREM 1. Let f E K(l/2) and let rn be defined as in Theorem A. Then Sn(z,f) maps the disc [z\ < rn onto a convex domain. For even n, the number rn cannot be replaced by any larger one.
PROOF. Since / E K(l/2), g(z) = zf'(z) E St(l/2) and, therefore, in view of Lemma 1, it follows that for all z and ç in U,
Treating ç as a constant, this leads to
and, consequently, for all n > 1, we get
(z e U), The proof of Theorem 1, is, therefore, complete. COROLLARY 1. If f E St(l/2), then sn(z,f) maps the disc \z[ < rn onto a domain which is starlike with respect to the origin. For even n, the number rn cannot be replaced by any larger one.
Since K C St(l/2), Corollary 1 shows that one can weaken the hypothesis of Ruscheweyh's theorem (K may be replaced by St(l/2)) and still make a stronger assertion (|z| < r" is mapped onto a starlike domain).
As Ruscheweyh [5] has shown, the number rn satisfies
and ,_ -, log(2w) , log(w) log(4en) t (\og(n) It is well known that if / E K, then z/2 = si(z,f)/2 < f(z) in U. Since each sn(z,f), f E K(l/2), is univalent in U, it is natural to ask for the largest number Xn, 0 < An < 1, such that Xnsn(z,f) -< sn+i(z, f) in U. The following theorem, which we state without proof, provides a lower bound for Xn.
Theorem 3. If f e K(i/2), then (i)z/2=\si(z,f)<s2(z,f), (zEU), and for n>2,
(ii) ((n-l)/(n + l))sn(z,f)<sn+i(z,f), (zEU).
The number 1/2 in (i) cannot be replaced by any larger one.
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